A set of the form C \Z d
the sequel, we use the notation n] = f1; 2; : : : ; ng): For every d 1 and every 2 (0; 1] there exists a = (d; ) > 0 with the following property. Let C 1 ; : : : ; C n be convex sets in R d such that T i2I C i 6 = ; for at least ? n d+1 index sets I n] of size (d + 1). Then there exists a point contained in at least n of the C i . The best possible value of (d; ) is 1 ? (1 ? ) 1=(d+1) (Kalai 7] ) and, in particular, ! 1 as ! some J is assigned to at least n di erent I. Each such I has exactly one i 6 2 J, and the n sets F i with these indices all contain min F J . 2 
Proofs
The main part of our proof of Theorem 1.1 is the following result, a (weak) integer analogue of the colored Helly theorem 2.4: Proposition 3.1 (Colored Helly theorem for convex lattice sets) For The proof of Proposition 1.3 from this lemma is quite short. We start with our hypergraph H 0 = K d+1 (t) with t enormously large. We apply the lemma with H = H 0 and i 0 =
i) in the lemma, i.e. r intersecting sets, then we would end up with H d+1 being a K d+1 (r) and with each of the classes (r; 2)-disjoint. Since the classes now have size r this simply means that each class V i contains two elements, call them u(i) and v(i), such that conv(Z u(i) (H d+1 )) \ conv(Z v(i) (H d+1 )) = ;. But this contradicts the special case of colored Helly theorem 2.4.
It remains to prove Lemma 3.1. For simpler notation we assume i 0 = 1. We are given H = K d+1 (S) and the lattice points z e , e 2 E(H). Let us choose (arbitrarily) a subsetṼ 1 of s vertices from the rst class of H. We formH 0 by restricting the rst class of H toṼ 1 (soH 0 is a K d+1 (s; S; S; : : : ; S)). Let Sketch of proof. Let (F) denote the fractional matching number of a set system F: (F) is the maximum of P F2F w(F) for w: F ! 0; 1] being a function satisfying P F2F: x2F w(F) 1 for every x 2 S F. Alon and Kleitman proved that for any system C of convex sets in R d , (C) is bounded by a function of d and (C), and so it su ces to show that in our situation, (C i ) is bounded for some i 2 d 
